CHAPTER 6

A Comparison of the Michigan
and Fair Models

RAY C. FAIR and LEWIS S. ALEXANDER

This chapter compares the predictive accuracy of the Michigan and Fair models using
the method developed in Fair {1980). These models are compared to each other and
to an cighth-order autoregressive model. The method accounts for the four main
sources of uncertainty of a forecast: uncertainty due to (1) the error terms, (2) the
coefficient estimates, (3) the exogenous variables, and (4) the possible misspecifica-
tion of the model. Because it accounts for these four sources, it can be used to make
comparisons across models. In other words, it puts each model on an equal footing for
purposes of comparison. The method has been used to compare the Fair model to
autoregressive models, vector autoregressive models, Sargent’s classical macroeco-
nomic model, and a small linear model, but this is the first time it has been used to
compare two relatively large structural models.

Ideally, model builders should not be the ones comparing their models to others.
Although one may try to be objective, there is always the suspicion that one has
stacked the cards in favor of her or his model. This chapter is not intended to be the
final word on the relative merits of the Michigan and Fair models. Its primary aim is
to demonstrate the application of the comparison method to large models.

As will be seen, the application of the method to the Michigan model reveals two
potential shortcomings of the method. First, the results for the Michigan model are
highly sensitive to plausible alternative assumptions about exogenous variable uncer-
tainty. This makes comparison difficult because there is no obvious criterion for choos-
ing between the competing assumptions. Second, the Michigan model relies fairly
heavily on the use of dummy variables, and the part of the method that accounts for
exogenous-variable uncertainty cannot handle dummy variables, It must be assumed
that the dummy variables are known with certainty. The method may thus bias the
results in favor of models that are heavily tied to dummy variables, It is uncertain how
large this bias might be.

THE COMPARISON METHOD

The method was first proposed in Fair (1980), and the latest discussion of it is in
Chapter 8 in Fair (1984). The following is a brief outline of the method.
Assume that the model has m stochastic equations, p unrestricted coefficients to
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estimate, and T observations for the estimation. The model can be nonlinear, simul-
taneous, and dynamic. Let § denote the covariance matrix of the error terms, and let
V denote the covariance matrix of the coefficient estimates. Sism X mand Vis p X
p. An estimate of S, say S, is (UDUU', where U is an m X T matrix of estimated
errors. The estimate of V, say v, depends on the estimation technique used. Let &
denote a p-component vector of the coefficient estimates, and let u, denote an m-
component vector of the error terms for period 1.

Uncertainty from the error terms and coefficient estimates can be estimated in a
straightforward way by means of stochastic simulation. Given assumptions about the
distributions of the error terms and coefficient estimates, one can draw values of both
error terms and coefficients. For each set of values the model can be solved for the
period of interest. Given, say, J trials, the estimated forecast mean and estimated
variance of the forecast error for each endogenous variable for each period can be
computed. Let y,, denote the estimated mean of the k-period-ahead forecast of variable
i, where ¢ is the first period of the forecast, and let &, denote the estimated variance
of the forecast error. Ss,,k is simply the average of the J predicted values from the J
trials, and &%, is the sum of squared deviations of the predicted values from the esti-
mated mean divided by J.

It is usually assumed that the distributions of the error terms and coefficient esti-
mates are normal, although the stochastic-simulation procedure does not require the
normality assumption. The normality assumption has been used for the results in this
chapter. Let u;, be a particular draw of the error terms for period ¢, and let «* be a
particular draw of the coefficients. The distribution of u' is assumed to be N(0,$), and
the distribution of a¥ is assumed to be N(&,f/).

There are two polar assumptions that can be made about the uncertainty of the
exogenous variables. One is that there is no uncertainty. The other is that the exoge-
nous-variable forecasts are in some way as uncertain as the endogenous-variable fore-
casts. Under this second assumption one could, for example, estimate an autoregres-
sive equation for each exogenous variable and add these equations to the model. This
expanded model, which would have no exogenous variables, could then be used for
the stochastic-simulation estimates of the variances. The assumption used in this chap-
ter is in between the two polar assumptions. An eighth-order autoregressive equation
was estimated for each exogenous variable (with a constant term and time trend in-
cluded in the equation), and the estimated standard error from this regression was used
as the estimate of the degrec of uncertainty attached to forecasting the exogenous
variable for each period. This procedure ignores the uncertainty of the coefficient es-
timates in the autoregressive equations, which is one of the reasons it is not as extreme
as the second polar assumption. The procedure also assumes that the exogenous-vari-
able errors are uncorrelated with each other and with the structural errors.

This assumption is implemented as follows. Let §; denote the estimated standard
error from the autoregressive equation for exogenous variable i, Let v, be a normally
distributed random variable with mean zero and variance §%:v, ~ M0, §) for all 7. Let
X, be the “base” value of exogenous variable i for period r. The base values can be
either actual values if the period in question is within the period for which data exist
or guessed values otherwise. If the values are guessed, they need not be the predictions
from the autoregressive equations. The autoregressive equations are used merely to
get the values for §,.
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Let xj, be the value of variable / for period ¢ used for a particular trial. Given the
above setup, one can assume that the v, errors pertain to forecasting either the level
of the variable or the change in the variable. If the level assumption is used, the value
of x, for a given trial is £, + v,, where v, is drawn from the above distribution. If the
change assumption is used, the values are as follows. Let the beginning period be 1
and assume that the overall prediction period is of length K. The values of x} (r = 1,

., K) for a given trial are

X o=k + oy
Xh =%, vy vy 1
Xg = Fp + vy Fva + .. F vy

where each v, (r = 1, . . ., K} is drawn from the N0, §) distribution. Because of

the assumption that the errors pertain to changes, the error term v, is carried along
from period 1 on, Similarly, v, is carried along from period 2 on, and so on. Given
the way that many exogenous variables are forecast, by extrapolating past trends or
taking variables to be unchanged from their last observed values, it may be that any
error in forecasting the level of a variable in, say, the first period will persist through-
out the prediction period. If this is true, the change assumption is likely to result in a
better approximation of exogenous-variable uncertainty.

The stochastic-simulation estimate of the forecast-error variance that is based on
draws of the error terms, coefficients, and exogenous-variable errors will be denoted
7. It differs from &7, in that it takes into account exogenous-variable uncertainty.

Estimating the uncertainty from the possible misspecification of the model is the
most difficult and costly part of the method. It requires successive reestimation and
stochastic simulation of the model. It is based on a comparison of estimated variances
computed by means of stochastic simulation with estimated variances computed from
outside-sample (i.e., outside the estimation period) forecast errors. Assuming no sto-
chastic-simulation error, the expected value of the difference between the two esti-
mated variances for a given variable and period is zero for a correctly specified model.
The expected value is not in general zero for a misspecified model, and this fact is
used to try to account for misspecification.

Without going into details, the basic procedure is to estimate the model over a
number of different estimation periods and for each set of estimates o compute the
difference between the two estimated variances for each variable and lead time of the
forecast. The average of these differences for each variable and lead time provides an
estimate of the expected value. Let d;, denote this average for variable i and lead time
k. The stochastic simulations for this work are with respect to draws of error terms
and coefficients only, not also draws of exogenous-variable errors. Given d,, the final
step is to add it to &,. This sum, which will be denoted &%, is the final estimated
variance; it takes into account all four sources of uncertainty. Another way of looking
at dy is that it is the part of the forecast-error variance not accounted for by the sto-
chastic-simulation estimate. Some of the specifics of the above procedure will become
apparent in the discussion of the computations under Calculations of the Results.
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SOME FEATURES OF THE MODELS

Table 6.1 provides an outline of the models. The Michigan model has 61 stachastic
equations and 50 identities. The Fair model has 30 stochastic equations and 98 iden-
tities. The following is a brief discussion of some of the differences between the two
models.

Even though the Michigan mode! has more stochastic equations than does the Fair
model, it has to some extent more reduced-form like equations. For example, the level
of corporate profits is determined by a stochastic equation in the Michigan model,
whereas it is determined by an identity (revenue minus costs) in the Fair model, The
identity in the Michigan model that would normally determine corporate profits instead
determines the statistical discrepancy, which is endogenous. (The statistical discrep-
ancy is exogenous in the Fair model.) Treating the statistical discrepancy as endoge-
nous is a way of allowing a reduced-form like equation for corporate profits to be
estimated and used in the model.

The Michigan model is also more reduced form in its determination of the unem-
ployment rate. In the Fair model there are three stochastic equations explaining the
labar force (equations for prime age men, prime age women, and all others), a sto-
chastic equation explaining the number of peeple holding two jobs, and a stochastic
equation explaining the demand for jobs by the firm sector. The unemployment rate is
determined by an identity. It is equal to one minus the ratio of total employment to the
total labor force. Total employment is equal to the total number of jobs minus the
number of people holding two jobs. In the Michigan model the unemployment rate is
determined by a stochastic equation. It is a function of a dummy variable (DFPR in
Table 6.2), a time trend, and one minus the employment rate of adult men. The em-

Table 6.1. The Models

Michigan
61 stochastic equations
5Q identities
496 exogenous variables, of which 39 are dummy variables
Basic estimation period in Belton, Hymans, and Lown (1981} 1934.1-1979.4
Estimation technique: ordinary least squares, sometimes accounting for first-order serial correlation
of the error terms
Fair
30 stochastic equations
98 identities
106 exogenous variables, of which 1 are dummy variables
Basic estimation peried in Fair (1984): 1954 1-1982.3
Estimation technique: two stage least squares, sometimes accounting for first-order seria
correlation of the errors terms
Autaregressive
One eighth-order autoregressive equation (with a constant term and time trend inciuded) per
relevant variable '
No exogenous variables other than the time trend
Basic estimation period: same as for the Michizan modet
Estimation technique: ordinary least squares
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Table 6.2. Dummy Variables in the Michigan and Fair Models

Name Description Equation 1-Statistic?
Michigan
DAPACTM Dummy variable to reflect Canadian auto pact Clé 2.08
DASTRIKE Dummy variable for auto strikes C1. Cll 6.46, 2.62
DASTRIKE_, ) C1 —4.23
DAUTO Dummy variable to reflect 1975 auto rebates and reaction te higher auto prices in 1974, C1 - 5.04°
equals 0.90 in 1974.2 and [974.3, 0.95 in 1975.1 and 1975.2, equals 1.0 otherwise
DEXé65 Dummy variable for the change in Federal excise tax law, equal t0 1 from 1954.1-1964.], D8 3.3
0 otherwise i
DFPR® Dummy variable to reflect shift in relation between RUM and RUG values B3 2.21°
(RUM = unemployment rate, males 20 and over; RUG = global unemployment rate) —5.14¢
DFROFF Dummy variable for removal of price controls; equals 0.25 in 1974.2-19753.1, 0 otherwise A2 4.7
DFRZI Al 3.02
DFRZ2 Dummy variables to reflect price freeze and Phasc Il effects on prices and compensation A2 —1.83
DFRZ3 A2 - 1.83
DFRZ] equals ~1.0in 1971.4 .
DFRZ2 equals 0.5 in 1971.3, 1.0 in 1971 .4 equals O otherwise
DFRZ3 equals 1.0 in 1972.2-1972.4
DGPAY Dummy variable to reflect government pay increases All 4.10r
DIGPM Dummy variable to reflect increased consumer awareness of gas mileage in the cost of Ct —5.04°
runging a new car, equal to 0 from 1954.1-1974.4, | otherwise c3 3.56°
gﬂ;iggg:ﬁ_, } Dummy variable for dock strikes 2:2 m??;
DM7288 Dummy variable to retlect steel strike in import equation; equal to 0.5 in 19592, 1.0 in Cie 173
DMT258 _, } 1959.3, 0 otherwise 16 ~{161
DPGAS Dummy variable for availability of PGAS series, equal to 1 from 1954.1 to 1957.1, 0 A6 —1.97
otherwise (FGAS = price index for gasoline, motor ail, coolant, and other products)
DPROPL3 Dummy variable for the effect of Proposition 13 on state and Jocal indirect business taxes; B9 —-13.36
equalts 1 in 1978.3; 0 otherwise
DRAM Dummy variable for the effect on MRAM of changes in the structure of reserve N.AC

requirements on demand and time deposits (part of dependent variable of equation E4)
(MRAM = reserve adjustment magnaitude)
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DSEAS]

DSEAS2

DSEAS3

DIPRD

DTEX*

DTiB*
DTP*
DTPR?

DTSI

DUBEXT

DUM74

DUMT5

DVDOWN

DVYNUP

D5467

D5864

D66

D674
D683

Dummy variable equal to | in the first quarter, — | in the fourth quarter, O otherwise
Dummy variable equal to | in the second quarter, — | in the fourth quarter, ¢ otherwise
Dummy variable equal to 1 in the third guarter, — | in the fourth quarter, 0 otherwise

Dummy variable for anomaly in spread between RCP and RTB; equals | in 1974.2 and
1974.3, 0 otherwise (RCP = 4-6 month commercial paper rate; RTB = 90-day treasury
bill rate)

Dummy variable to reflect direct price effects of changes in excise tax laws in 1965

Dummy vartable to retlect changes in indirect business taxes

Dummy variable to reflect changes in personal taxes

Dummy variable for personal tax rate

Dummy variable that assumes values equal to the revenue effect of changes in social
insurance tax law

Dummy variable {or the extension of uncmployment benefits beyond 26 weeks

Dummy variable in IPDX72 equation; equals O in 1954.1-1973.4, 1 otherwise
(IPDO72 = producers’ durable equipment investment except in agriculture and
production}

Dummy variable in GDEBTP equation; equals 0 in 1954.1-1974.4, 1 otherwise
(GDEBTP = gross public debt of the U.S. treasury held by private investors)

Dummy variable to reflect effects of winddown of Vietnam War on employment; cquals |
in 1970.1-1972.2, O otherwise

Dummy variable to reflect effects of Vietnam War build-up on employment; equals 1 in
1965.3-1966.4, O otherwise

Dummy variable for change in trend growth of productivity; equals 1 in 1954.1-1967.4, 0
otherwise

Dummy variable in JCAP equation; equals | in 1958.1-1964.4, 0 otherwise
(JCAP = index of available capacity in manufacturing}

Dummy variable in MIBPLUS equation; equals 0 in 1954.1-1965.4, | otherwise
(MIPLUS = MIE plus total savings at all depository institutions)

Dummy variable for state income tax law changes; equals 0 in 1934, 1-1967.3, | otherwise

Dummy variable for change in trend growth of productivity; equats 1 i 1968,1-1973 .4, 0
otherwise

E2-EX,
E10
E2-E8,
E10
E2-E8,
E10
E10

A3
A5
D8
An identity
An identity
Al
m
D3
il

L3
B2
B2
A2
B1
F3
Ell
Di4

A2
Bl

Many coeflicients
Many coefficients
Many coetficients

10.87

5]
1.30¢
160+
N.A.
N.A.
5.33
~3.18
3.7
2.50

309
-1.52
- 0.68
16.99~

3.82
-6.72
—2.97

2.13

2.5¢¢
3.22
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Table 6.2. (Continued)

Name Deescription Equation +-Statistic?

D7074 Dummy variable in FCAP equation; equals | in [970.1-1974.2, {} otherwise F3 — 6,3
(JCAP = index of avaitable capacity in manufacturing)

D71l Dummy variable for state personal income tax law changes; equals ¢ in 1954.1-1970.4, 1 D14 091
otherwise

D763 Dummy variable in IRC72 equation; equals | in 1976.3, 0 otherwise C13 —-2.93

D74 Dummy variable for change in trend growth of productivily; eguals 0 in 1954.1-1978.4, 1 Bl -0.31
otherwise

Fair

D593 11in 1959.3; 0 otherwise £l 13 .86, 2.70

D594 1 in £1959.4; O otherwise €1, 13 0.64, 0.50

[BLIN 1in F960,1; O atherwise il 1.89

D651 1 in £965.1; 0 otherwise 27 2.18

D652 1 in 1965.2; 0 otherwise 27 117

D69l 1in 1969.F; ) otherwise 27 3,05

D692 Ein 1969.2; O otherwise 27 5.42

D7t4 [ in 1971.4; 0 otherwise 21 2.64

D721 ¥ in 1972.1; 0 otherwise 27 4.10

pD793 1 from 1979.3 on; O otherwise 30 4,20

318130 { from 1981.1 on; U otherwise 24 .29

ap_seatistics are for explanatosy variablies thal are functions of the relevant dummy variable and other varizbles.

bAutoregressive cquation estimated from this variable for the estimation of exogenous-variable uncertuinty under Calcuiations of the Resufls.

‘NLA., aot applicable.

The (-statistics for the Michigan model are as computad for the results in this chapter. They may differ slightly from the values in Belten, Hymans, and Lown (19815,



A COMPARISON OF THE MICHIGAN AND FAIR MODELS 175

ployment rate of adult men is determined by a stochastic equation. It is a fonction,
among other things, of real GNP.

The Michigan model has more disaggregation with respect to the expenditure vari-
ables. The differences pertain to consumer durable expenditures and nonresidential
fixed investment. In the Michigan model durable expenditures are disaggregated into
four components: new autos, motor vehicles and parts less new autos, furniture and
household equipment, and all other. There is one stochastic equation for each of these
components, In the Fair model there is one stochastic equation explaining total durable
expenditures. Nonresidential fixed investment is disaggregated into four components
in the Michigan model: structures, producers’ durable equipment in production, pro-
ducers’ durable equipment in agriculture, and producers’ durable equipment except in
agriculture and production. There is one stochastic equation for each of these compo-
nents. In the Fair model there is one stochastic equation explaining total nonresidentiai
fixed investment. There is also a separate equation in the Michigan model explaining
the number of new car sales, which is used as an explanatory variable in the automobile
expenditure equation. Considerable work has gone into the Michigan model in explain-
ing automobile expenditures.

As noted in the introductory section, there is a fairly heavy use of duminy variables
in the Michigan model. Also, many of the dummy variables appear to be subjective.
The dummy variables in the Michigan model are listed in Table 6.2. This table also
includes the number of the equation that each variable appears in and the associated z-
statistic of its coefficient estimate. The description of the variables is taken from Bel-
ton, Hymans, and Lown (1981). Two of the more subjective variables are DIGPM,
which is a dummy variable to reflect increased consumer awareness of gas mileage in
the cost of running a new car, and DAUTQ, which is a dummy variable to reflect auto
rebates and reaction to higher auto prices. Of the 345 estimated coefficients in the
Michigan model, 43 are coefficients of nonseasonal dummy variables or variables that
are a function of nonseasonal dummy variables.

Dummy variables play a less important role in the Fair model. The dummy vari-
ables in the Fair model are also listed in Table 6.2. There are 11 dummy variables, 6
of which account for the effects of dock strikes in the import equation (equation 27).
The other 5 dummy variables appear in 4 other stochastic equations. Of the 169 esti-
mated coefficients in the Fair model, 13 are coefficients of durmmy variables or vari-
ables that are a function of durmmy variables.

The fairly heavy use of dummy variables in the Michigan model poses a problem
for the comparison method. With a few exceptions, it is not sensible to estimate au-
toregressive equations for the dummy variables, and so they have to be taken as fixed
for purposes of the stochastic-simulation draws of the exogenous-variable errors.! The
method may thus underestimate the uncertainty from the exogenous variables for the
Michigan model.

Even where autoregressive equations are estimated for dummy variables, it is not
clear that the use of these equations is appropriate. Consider, for example, dummy
variable DEPR, which plays an important role in the stochastic equation explaining
the unemployment rate. [t begins to take on positive values in 1965.1. Tt is O before
1965.1; it is | in 1965.1 and increases by 1 each quarter until 1970.4; it is flat until
1976.1; it increases by 1 from 1976.1 to 1979.4; and it is flat thereafter. The autore-
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gressive equation for this variable was estimated only over the nonzero observations.
The estimated standard error was 0.173. This estimated error is quite low, and so it
means that very little uncertainty is assumed for the variable. It is almost like taking
the variable to be fixed.

The DFPR variable links the employment rate of adult men to the overall unem-
ployment rate. The former is easier to explain than the latter because the labor force
of adult men fluctuates less than does the labor force of other groups. Thus, the Mich-
igan model links a relatively easy-to-explain variable to a relatively hard-to-explain
variable by the use of a time trend and the DFPR dummy variable. If the comparison
method has underestimated the uncertainty of the DFPR variable, then the uncertainty
of the unemployment rate forecasts will be underestimated.

Another example of the dumnmy variable problem concerns the key price equation
in the Michigan model, Eq. (A2}, which determines PPNF, the private nonfarm defla-
tor. There are two dummy variables in the equation that pertain to the price freeze,
and there is a productivity trend variable that is a function of three other dummy
variables. One of the latter three variables takes on a value of 1 between 1954.1 and
1967.4 and O otherwise; one takes on a value of | between 1968.1 and 1973.4 and 0
otherwise; and one takes on a value of 1 between 19791 and 1979 .4 and 0 otherwise.
The specification of this equation may mean that a fairly large part of the fluctuations
in the price deflator is explained by the dummy variables, and if this is true, the method
will underestimate the uncertainty from the price equation.

The Michigan model has also used what seem to be questionable explanatory vari-
ables in some of the equations. For example, the discount rate is used as an explanatory
variable in the bill rate equation. It is by far the most significant variable in the equa-
tion. On a quarterly basis the two variables are highly correlated, but this is because
the discount rate generally follows the bill rate with a lag of a few weeks. The discount
rate is not generally the policy instrument used by the Fed to influence short-term
rates.? It is simply a passive instrument. Another example of this type is the use of the
minimum wage in the wage rate equation. It seems more likely that the aggregate wage
rate affects the minimum wage rate rather than vice versa. Both the discount rate and
the minimum wage are exogenous in the model.

CALCULATIONS OF THE RESULTS

Many steps were involved in obtaining the final results, and it is easiest to discuss the
computation of the results in the order in which they were done. The results for the
Michigan model will be discussed first.

Duplication of the Basic Estimates

Data for the Michigan model were taken from the TROLL version of the model that
was current at the beginning of 1983.7 The specification of this version of the model
is in Belton, Hymans, and Lown (1981) (BHL). The first step was to duplicate the
basic sets of estimates, which we were able to do. For none of the 61 equations were
the differences between our estimates and the BHL estimates large enough to call into
question our duplication of the results.
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Initial Stochastic Simulation Results

Given the basic coefficient estimates, the V and § covariance matrices were estimated.
The number of unconstrained coefficients in the model is 345, and so V is 345 x 345.
V was estimated as a block diagonal matrix, with the blocks being the estimated co-
variance matrices of the coefficient estimates of the individual equations.* The esti-
mation of § required more thought (5 is 61 X 61 since there are 61 stochastic equa-
tions). The problem was that estimation periods differ across equations, With three
exceptions the periods ended in 1979.4, but they generally began with different quar-
ters, The beginning quarters for the longest and shortest estimation periods were
1954.1 and 1963.2, respectively. There are two plausible ways to estimate S. One 18
1o estimate the full S over the period that all the equations have in common, which is
1963.2-1979.4. The other is to take S to be a diagonal matrix and to estimate each
diagonal element using the same estimation period that is used to estimate the corre-
sponding equation. In this case the diagonal elements of S would be based on different
estimation periods.

To see how sensitive the results are to aliernative estimates of 8, three stochastic

Table 6.3. Initial Stochastic Simulation Results for the Michigan Model*

Estimated Standard Ercors of Foreeasts

1978 1979
t 2 3 4 1 2 3 4

Real GNP

Full $—small 0.39 0.35 0.72 .84 0.94 1.04 FAT 121

Diagonal S—small 0.43 0.56 0.74 (.87 1. B 12 £.23 1.30

Diagonal S—Ilarge 0.39 0.62 0.76 0.89 0.98 1.08 1.13 1.2}
Private nonfarm deflator

Full §—smafl 0.30 0.43 0.57 0.65 0.78 0.90 0.%6 1.07

Diagonal S—small 0.29 ¢.41 0.53 0.65 0.75 0.85 0.96 1.03

Diagonal S—large 0.27 .40 0.51 0.59 0.70 0.719 (.90 .99
Unemploymeat rate

Full §~—small 019 0.30 0.38 .44 .51 .55 0.61 0.67

Diagonal S-—small (.22 0.30 0.38 .45 0.30 .57 0.66 .72

Diagonal S—large 0.23 0.35 0.44 0.54 0.58 0.65 0.72 .76
Bill rate

Full §—smal! 0.38 0.46 0.60 0.72 0.7¢ G.69 0.77 0.%6

Diagonal S—small 0.34 0.46 0.62 0.73 0.69 (.63 0.72 0.94

Diagonal $—Ilarge 0.41 0.48 0.58 €¢.70 .69 0.71 0.80 0.91
Money supply

Full $—small .73 1.16 1.49 1.79 2.07 2.32 2.54 2.66

Diagonal S—small 0.75 .32 [.78 2.12 2.47 207 2.9%8 3.20

Diagonal §—Ilarge 0.76 1.28 [.74 1.99 2.29 2.57 277 2.89

“Stochastic simulation is with respect 10 error terms only.

250 trials for each set of results.

‘Full $-—small = full § estimated for 1963.2-1979 4 period. Diagonal $—small = § taken to be diagonal. Estimation
period for dizgoral elements is 1963.2-197%.4. Diagonat S—large = & taken to be diagenal. Estimation period for
each diagonal element is the same as the period used to esumate the correspoading cguation.

“All errors are in percemtage points. Errors for real GNP, the GNP deflator, and the money supply are percentages of
the forecast meuans.
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simulations were performed. These results are presented in Table 6.3 for selected vari-
ables. The first simulation used the full § estimated for the common period; the second
used the diagonal § estimated for the common period; and the third used the diagonal
S estimated using the different estimation periods. The period of the simulation is
1978.1-1979.4. The number of trials for each stochastic simulation was 250. These
simulations were with respect to draws from the error terms only, since this is all that
is of interest with respect to the § matrix. As can be scen, the results are not very
sensitive to the alternative § matrices. For the rest of the results in this chapter S has
been estimated as a diagonal matrix with the estimation period for each diagonal ele-
ment being the same as the period used to estimate the corresponding equation.
Although the estimation periods for the Michigan equations ended in 1979.4, the
data base contained data through 1982.1. Some of the observations for 1982.1 did not
seem sensible, but the data through 1981.4 scemed good. The Michigan model was
reestimated through 1981.4. Specifically, new coefficient estimates were obtained
along with new estimates of ¥V and §. To see how sensitive the stochastic-simulation
results are to the different estimation periods, two stochastic simulations were per-
formed using the two sets of estimates. The simulation period for both simulations was
1978.1-1979.4; both simulations were based on 250 trials and both simulations were
based on draws of error terms and coefficients. The results for selected variables are
presented in Table 6.4. These results are also fairly close, which means that it does
not make much difference which set is taken to be the basic set of estimates of the
model. We decided to stay with the first set of estimates (i.e., the estimates through

Table 6.4. More Initial Stochastic Simulation Results for the Michigan Model*<

Estimated Standard Errors of Forecasts

1978 1979
l 2 3 4 i 2 3 4

Real GNP

Basic (.46 0.6l 0.78 0.91 0.99 1.1 2 1.39

Extended (.53 0.68 0.82 0.95 L.11 2 3 1.58
Private nonfarm

Basic 9.28 0.40 0.33 (.66 0.74 0.88 1.04 117

Extended 0.32 0.46 .56 0.67 0.79 0.92 1.04 £.20
Unemployment rate

Basic 0.25 0.36 0.45 (.54 0.61 0.66 0.74 0.84

Extended 0.24 0.35 0.43 0.49 (.58 0.65 0.72 0.81
Bill rate

Basic 0.41 0.57 0.73 0.9 £.03 1.06 1.26 1.49

Extended 0.49 0.61 0.75 108 1.11 1.03 1.2t 1.51
Money supply

Basic 0.88 [.51 2.10 2.67 318 .42 3.87 4.58

Extended 0.54 .65 2.15 2.63 3.11 3.53 3.89 4.32

"Stochastic simulation is with respect te error terms and coefficient estimates.

5250 1rials for each set of resuits

°S matrix i taken 1o be diagonal.

“Basic = estirnation periods end in 1979.4. Extended = estimation pesiods cnd in 1981.4.

“All errors are in percentage points. Ervors for real GNP, the GNP deflutos, and the money supply are percentages of
the forecast means.



A COMPARISON OF THE MICHIGAN AND FAIR MODELS 179

1979.4), since this is the set presented in Belton, Hymans, and Lown (1981). We did,
however, use the data through 1981.4 for the successive reestimation and stochastic
simulation of the model that is discussed below.

Uncertainty with Respect to the Error Terms and
Coefficient Estimates

Table 6.5 contains the main results of this chapter. The values in the g rows are sto-
chastic-simulation estimates of the forecast standard errors based on draws of the error
terms only. The values in the b rows are based on draws of both error terms and
coefficients. The results are based on 250 trials for each of the two stochastic simula-
tions.” The coefficient estimates and the estimates of § and V that were used for these
simulations are based on the estimation periods that ended in 1979.4. The simulation
period is 1978.1-1979.4. In terms of the notation previously given, the b-row values
are values of &,,.%

Treatment of Exogenous-Variable Uncertainty

Eighth-order autoregressive equations were estimated for 48 exogenous variables in
the model. The variables and estimation periods are listed in Table A.1 in the Appen-
dix. Of the 39 dummy variables listed in Table 6.2, 5 had equations estimated for
them. These are indicated by footnote b in Table 6.2. Two stochastic simulations were
performed with respect to exogenous-variable uncertainty. The first was based on the
assurnption that the errors for the exogenous variables pertain to changes in the vari-
ables, and the second was based on the assumption that the errors pertain to the levels
of the variables. These two assumptions are discussed under The Comparison Method.
Both simulations were based on draws for the error terms, coefficients, and exogenous-
variable errors, and both were based on 250 trials.” The results are presented in the c-
rows in Table 6.5. The results in the left haif of the table are for the change assumption,
and the results in the right half are for the level assumption. In terms of the previously
given notation, the c-row values are values of &,,.

Uncertainty from the Possible Misspecification of the Model

For the misspecification results the Michigan model was estimated and stochastically
simulated 27 times. For the first set, the estimation periods ended in 1974.4 and the
simulation period began two quarters later in 1975.2. For the second set, the estimation
periods ended in 1975.1 and the simulation period began in 1975.3. For the final set,
the estimation periods ended in 1981.2 and the simulation period began in 1981.4.
The beginning quarters for the estimation periods remained unchanged from those for
the basic peried. The length of the first 20 simulation periods was cight quarters. Since
the data ended in 1981.4, the length of the twenty-first simulation period, which began
in 1980.2, was only seven quarters. Sinilarly, the length of the twenty-second period
was six, and so on through the length of the twenty-seventh pericd, which was only
one quarter. For each of the 27 sets of estimates, new estimates of V and § were
obtained. Each of the 27 stochastic simulations was based on 50 trials.®
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Table 6.5. Estimated Standard Errors of Forecasts for 1978.1-1979.4 for the Three Models*

Change Assumption for Level Assumption for
Exogenous-Variable Uncertainty Excgenous-Variable Uncertainty
1978 1979 1978 1979
1 2 3 4 1 P 3 4 I 2 3 4 1 2 3 4

Real GNP

Michigan

a 039 062 0.7 085 .98 1.08 1.13 [.21

b 046 061 078 0.9 099 111 123 1.39

¢ .58 0.8 1.7 1.6l 2,13 273 334 394 0.48 .74 092 .14 1,30 131 172 1.84

d 0.83 1.24 1.60 186 224 287 391 5.0 0.81 .16 1.43 (.48 147 175 2,66 3.61
Fair

a 0.49 (.66 0.81 098 110 114 1.22 1.32

b 0.51 0.69 0.8% 1.03 Lo 122 130 1.35

c 0.61 0.83 1.08 1.34 1.54  1.73 .88 2.01 .61 078 094 1.14 .3 1.41 1.50 1.66

d 061 129 170 247 242 271 300 339 491 123 1.61 1.94 228 252 278 3.2
ARB

a 0.65 1.0l E27  1.56 1.67 1.72 175 1.76

b 472 113 1500 1.78 1.97 211 226 234

d P14 1.73 216 2.08 1.9 208 247 274
Private nonfarm deflator

Michigan

a 0.27 040 051 059 070 0.79 090 099

b 0.28 040 0353 066 0.74 G688 L0l 117

¢ 0.30 046 060 074 087 1.4 116 1.31 0.29 044 055 (.64 3.79 092 1.06 .

d 036 046 053 071 0.82 096 109 1.25 0.35 0.44 047 060 0.74 083 098 1.1
Fair

a 0.38 055 0668 077 0.84 091 092 098

b 041 057 G670 0.84 091 099 109 121
c 044 059 Q.68 080 €93 1.03 118 1.26 0.4l .63 074 (.83 093 (01 108 1is
d 0.68 114 1.54 2.03 245 281 320 351 060 1.16 1.57 244 2,45 281 316 347
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ARS
a
b
d
Nominal GNP
Michigan

Unemployment rate
Michigan

0.30
0.34
06.70

.40
0.46
0.58
.08

.59
0.61
0.79
1.03

0.45
0.50
1.25

0.23
0.25
0.23
0.34

0.24
0.26
0.27
0.39

0.29
0.29
0.31

0.48
0.53
E.18

0.64
0.68
0.93
1.56

0.85
0.89
1.04
1.39

0.69
0.79
1.87

0.35
0.36
G.41
.56

0.38
0.42
.43
0.62

0.58
0.56
9.37

0.70
0.77
1.72

0.79
G.89
1.22
1.4

1.07
E12
1.31
1.80

0.82
1.01
2.35

0.44
.45
0.59
0.77

.48
0.52
0.57
0.89

0.81
0.83
0.39

0.91
1.03
2.57

0.94
1.0%
1.62
1.92

1.23
1.34
1.536
2.00

(.92
1.18
2.42

0.54
0.54
0.76
0.92

0.54
0.6l
0.67
[.08

0.97
[.04
0.29

1.1
1.30
3.24

£.00
1.07
2.435
2.40

1.36
1.47
1.82
2.34

0.95

1.27

2.58

(.58
0.61
0.94
1.00

0.61
0.70
.73
1.18

1.06
F19

1.27
1.55
3.75

1.15
1.24
2.81
3,13

1.47
i.70
2.12
2.58

1.02
1.37
3.03

0.65
(.66
[.18
1.1

0.65
0.77
0.83
1.29

1.1
1.30

1.39
1.78
3.98

1.20
1.40
3.89
4.53

1.57
1.97
2.50
.77

1.15
1.49
3.66

0.72
0.74
1.46
1.40

0.65
0.78
0.89
1.36

1.50
1.99
3.74

.20
1.52
3.82
5.08

1.62
2.05
2.54
2.80

1.2l
1.66
4.10

0.76
0.84
1.75
1.87

0.68
0.80
0.92
1.46

1.23
1.41

0.53
.05

.76
1.03

0.24
.34

0.27
0.39

0.8
1.49

1.06
1.40

0.37
0.53

&.43
0.62

1.0
171

1.24
1.75

0.49
0.70

0.52
.86

1.24
.61

0.61
{180

.38
1.75

0.69
0.78

0.72
1.17

1.65
2.15

1.93
2.39

.78
0.66

.79
1.27

1.84
2.97

2.11
2.43

.86
0.76

0.82
1.32

[.90
3.83

2
2.50

0.96
1.17

6.91
1.46

(continued)
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Table 6.5. (Continued)

Change Assumption for

Exogenous-Variable Uncertainty

Level Assumption for
Exogenous-Variable Uncertainty

1978 1979 1978 1979
I 2 3 4 1 2 3 4 i 2 3 4 1 2 3 4

Bl rate

Michigan

a 041 048 038 0.70 669 071 080 091

b 041 6.57 0.73 0.9 103 LO6  1.26 149

C 0.1 0.79 097  1.28 40 144 198 3.57 0.65 0.80 (.95 1.2 1.22 1.32  1.3] 2.18

d¢ 078 1.05 (.20 L1.52 1.68  1.67 1.93 339 .81 1.05 1.19 t.46 153 156 144 4.87
Fair

a 0.71 .00 107 1.13 1.17 1.21 1.17 L1y

b 073 094 L4 1.03 115 1.25 131 145

¢ 0.72 096 1.09 1.6 1.17 134 149 1.60 0.71 699 108 117 .29 1.28 150 1.37

d 1.37 2,13 240 2.54 2.67 287 308 3.29 1.36 2,15 2,40  2.53 272 85 3.09 3.8
ARS

a 0.5z Q.82 092 097 £OC 108 117 1.23

b 0.54 086 100 (.13 122 135 1.39 140

d .52 251 272 3.08 330 365 380 4.09
Money supply

Michigan

a .76 1.28  1.74 1% 229 257 217 289

b 083 151 2010 2.67 300 342 387 458

¢ 089  1.52 218 2.88 339 395 462 649 0.85 .39 190 2.35 278 331 .3.93 500

d 1.e 214 281  3.81 456 545 654 R.15 1.58 2.05 2.5 343 4.12 501 .07 7.37
Fair

a 098 1.35 149 L66 P82 200 203 1.98

b 495 1.37  1.57 1.17 2,81 232 238 254

¢ 1.07 153 1.8 203 249 269 312 345 T3 147 175 1,93 203 224 237 244

d 1.49 190 198 2.06 22 208 217 156 1.46 1.91 2.08 2.27 232 232 236 178
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ARS

a 0.57
h .57
d 2.10
Consumer expenditures, services
Michigan
a 0.28
b 0.30
€ 0.28
d (.47
Fair
a 0.30
b 0.28
¢ .28
d 0.35
ARS
4 Q.28
b 0.30
d 0.51
Consumer expenditures, nondurables
Michigan
a 0.52
b 0.52
< 0.69
d 0.98
Far
& 0.58
b 0.70
¢ 0.68
d 0.82
ARZ
1 0.57
b 0.61
d (.88

1.11
1.17
3.50

0.39
0.41
0.45
0.76

0.40
0.41
0.43
0.56

0.40
0.44
0.81

(.70
0410
1.16
1.58

0.73
0.78
(.93
1.07

0.89
0.97
1.35

by o in
2

Rl
fo

6.47
3.52
0.59
.97

(.53
0.55
(.60
0.90

0.49
.54
1.05

0.85
0.88
l.66
2.10

0.82
0.96
1.08
1.13

1.067
1.16
1.37

1.95
2.33
5.27

0.54
0.62
0.81
1.27

.61
0.67
0.76
1.24

0.60
0.64
1.31

.98
1.02
2.43
2.83

0.99
[.07
[.30
.42

1.26
1.33
1.12

2.43
3.08
5.91

.59
0.67
1.03
1.57

0.72
0.81
0.91
1.72

0.69
0.76
1.6l

.14
1.14
3.34
378

0.99
[.11
[.45
[.56

1.37
1.51
1.28

2.91
3.89
7.05

.65
0.74
1.21
1.89

0.81
0.93
1.06
1.75

0.72
0.84
1.90

118
[.25
4.29
4.77

1.07
.17
1.60
1.59

1.43
1.62
1.50

3.42
4.83
8.85

6.70
0.80
[.46
2.29

(.89
0.99
1.2%
2.08

Q.78
0.93
2.27

1.27
1.39
5.44
5.99

1.07
1.23
176
1.62

[.45
.71
1.73

392
577
10.39

.74
0.85
1.72
2.67

F.O0
10
.37
2.36

0.581
1.05
2.56

1.38
1.45
6.68
7.30

.16
£.33
1.95
1.73

1.48
1.81
1.58

.31
0.49

G.29
0.36

0.67
0.96

0.68
0.82

.44
0.75

0.44
.57

0.92
F.41

.84
(.99

0.54
.91

G.56
(.87

£.23
.77

0.96
1.02

.60
i.14

.71
121

1.49
2.08

0.69
1.38

.86
1.43

1.74
2.48

1.28
1.40

0.77
1.64

0.99
1.71

0.85
1.96

1.1
2,00

2.22
334

1.36
1.18

0.91
2.23

.22
2.27

2.4
3.80

1.43
1.1t

(continged)
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Table 6.5. (Continued)

Change Assumption for

Exogenous-Variable Uncertainty

Exogenous-Variable Uncertainty

Level Assumption for

1978 1979 1978 1979
1 2 3 4 1 2 3 4 i 2 3 4 1 2 3 4

Consumer expenditures, durables

Michigan

a L.15  1.53  1.82  2.20 236 273 298 318

b L3 193 232 277 333 3.85 430 485

¢ 1.43 241 371 523 7.1 909 1097 1293 1.19 1.88 2.63 3.16 3.84 4290 487 5.49

d 357 422 570 6.35 8.17 10.43 12,78 14,98 348 394 506 4.80 3.57 b6.67 816 935
Fair

a 217 244 279 326 3920 369 409 4.25

b 211 255 316 3.52 3.94  4.15 440 4.6]

c 210 269 300 378 455 503 548 5.88 2,36 2,67 3.H1 379 4.34 454 482 510

d 309 368 499 655 8.27 941 107 1221 3.27 366 506 6.56 8.15 %16 1039 11.86
ARS

i 191 260 3.15 336 360 392 418 4.19

b .13 282 339 383 380 445 469 542

d 432 534 639 6.64 693 7.97 9.09 992
Housing investiment

Michigan

a 209 307 368 4.69 5.54 641 T7.16 740

h 2,24 322 398  4.86 593 720 861 10.37

© 240 351 4.62 5.6l 7.00 8.87 10.52 12.36 2,26 3.62 452 565 6.94 852 Y85 11.26

d 343 865 971 10.32 12.69 16.12 1973 Z22.52 5.38 B70 9.606 10.34 12,65 1593 19.39 2193
Fair

a 270 471 636 7.25 B19 899 993 {0.38

b 2.80 483 6.83  ¥.40 9.58 077 F1.88 13.35

[ 271 454 608 7.69 9.05 104 11.55 12.34 282 461 613 7.2 8.54 999 (149 12.56

d 473  7.09 689 677 8.92 11.23 12,83 14.82 4.79 7.13 693 622 8.40 10.85 1278 14.66



AR%

a 2.61
b 2.78
d 6.43
Nonresidential fixed investment
Michigan
a 1.13
b 1.08
[ L.16
d 2.56
Fair
a 1.72
b [.81
¢ £.75
d 2.05
ARS8 )
& 1.24
b 1.42
d 2.26
Inventory investment
Michigan
a 3.86
b 4.59
[ 4.39
d 6.14
Fair
a 4.60
b 4.50
C 4.64
d 5.42
ARS8
a 5.22
b 5.33
d 6.67

4.22
4.68
11.25

1.47
L.57
b.60
4.29

225
2.56
2,37
3.09

2,13
2.05
235

4.20
4.75
4.91
7.04

5.22
5.0%
3.34
8.11

5.45
6,18
7.66

5.92
6.20
12.24

1.71
1.85
2.1
5.65

2.60
2.97
2.39
3.94

2.78
2.78
3.41

4.38
4.53
5.16
7.76

510
5.52
5.68
9.13

3.81
6.45
7.92

7.06
7.42
10.89

1.94
2.16
2.51
5.90

2.92
3.05
341
4.46

3.29
3.68
3.35

5.18
5.10
3.49
3.12

5.52
5.60
6.01
9.35

572
6.75
7.51

7.66
8.53
9.58

2.20
2.56
3.00
5.14

3.24
3.48
31.83
5.48

3.30
4.27
2.69

3.06
4.76
5.75
7.82

6.12
4.99
5.81
9.66

5.69
6.64
7.7%

8.02
¥.96
10.35

.51
2.88
370
6.69

3.32
3.77
4.21
6.36

4.21
4.92
2.03

4.81
5.1
6.95
1.71

5.54
5.93
5.95
9.67

6.41
6.67
8.12

8.21
9.34
12.46

2.79
3.22
4.42
13.80

3.49
4.00
4.68
7.18

4.30
3.15
i

5.17
5.45
7.73
§.48

5.38
5.%0
6.13
14.02

6.02
6.75
8.18

8.23
9.42
1217

3.09
3.40
5.46
29.49

3.66
4.09
3.04
8.09

4.46
5.45
1

5.33
5.57
8.39
9.65

5.77
6.23
6.22
10.4%

6.38
7.32
8.61

1.02
2.50

1.95
2.79

4.3
6.08

4.57
6.38

1.44
4.23

2.49
3.18

4.70
6.89

5.28
8.07

1.84
5.59

2.82
3.89

4.79
7.52

5.68
9.13

2.33
5.82

3.23
4.32

3.05
7.84

5.91
9.29

2.65
4.91

355
529

5.02
7.30

5.53
.49

3.05
6.35

3.94
6.19

3.65
6.56

5.44
9.37

3.50 4.09
13.53 29.27
4.18  4.41
6.8 7.71
5.89  6.12
6.85 775
5.40 623
9.59 10.49

(continued)
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Table 6.5. {Continued)

Change Assumption for
Exogenous-Variable Uncertainty

Exogenous-Variable Uacertainty

Level Assumption for

1978 1979 1978 1979
1 2 3 4 1 2 3 4 1 2 3 4 1 2 3 4

Imports

Michigan

a 2.47 342 368 380 3.8¢ 365 364 367

b 265 349 364 390 442 447 463 478

¢ 268 334 367 39N 460 521 569 666 273 3.3 375 4.0 4.55 481 4.8 3512

d 3.68 491 566 629 7.1 812 970 I1.65 372 511 571 6.4l .07 T.87  9.22 10.84
Fair

il £90 246 260 2.87 292 N 2.6 2.97

b 222 244 266 276 281 328 356 370

¢ 1.96 242 266 2.89 303 337 344 368 Z1E 251 255 2.85 286 320 341 1348

d 386 5.73 7.54 B8.98 [0.30 11.14 12.53 13.08 393 5777 180 897 10.28 [1.09 12.52 13.04
ARS

a 2,63 353 398 464 471 487 5.4 3522

b 279 361 433 491 543 558 57T 596

d 5.4 754 969 11.70 13.11 13.71 14.25 i5.26
Wage rate

Michigan

a 0.31 042 059 0.66 078  0.87 097 1.10

b 0,35 047 059 072 0.8 1.00 115 1.32

¢ 035 046 058 0.68 080 091 106 1.20 (.32 044 057 0.70 8 099 113 .25

d 0.28 042 058 0N 037 090 105 126 025 040 057 073 083 098 112 1.30
Fair

a 3.5 08 1.00 1.13 120 1.30 1.32 1.38

b .59 0384 1.01 1.5 1.35 148 1.70 L85

c .60 082 1.04 1.19 139 1.59  1.83  [.98 0.59 0.85 099 1.26 1.49  1.67 1.80 1.97

d 038 046 (.65 0.78 1.4 1.22 1.59 1.90 0.37 051 057 0.88 .17 1.32 1.5 1.89
ARS8

a 0.21  0.33 0.43 0.53 0.60 063 068 .73

b 0.26 044 0.58 0.73 0.86 095 104 1.14

d 0.43 075 1.04 1.35 175 211 251 2.96
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Profits

Michigan

a 380 499 590 6.54 7.63 887 9.87 10.12

b 397 524 6.07 17.04 7.97 10.29 12.02 13.16

c 426 574 7.45 8.37 11.85 1577 18.83 21.89 3.90 5.41 637 7.25 8.83 i0.84 12.05 13.14
d 597 659 850 8.16 9.60 12,64 19.07 2908 5.31 631 7.57 6.6 5.45 535 12.43 12321
Fair

a 4.98 6.26 161 873 §.90 [0.07 1091 [1.8¢

b 5.02 655 835 9.26 10,27 11.55 1346 15.11

c 6.86  8.49 10.27 11.61 12.89 15.52 17.62 18.04 6.34 7.57 B.65 9.6l 1097 1103 12.69 13.93
d 840 986 11.29 11.94 13.26 1521 17.7% 11.37 7.98 908 984 1000 1140 E1.02 12.87 13.58
ARS8

P 3.22 493 630 710 7.37 739 793 8.60

b 372 551 126 838 9.74 10.64 11.77 1341

d 9,56 16.32 2329 27.89 30.69 33.82 37.47 4043

@y = uncertainty due 16 erfor torms; b = uncertainty due to error terms and cocfficient estimates; ¢ = uncertainty due 1o crror terms, coelficient estimates, and exogenous-variable
forceasts: d = uncertainty due to ceror terms, coelficient estimates. exogenvus-variable forecasts, and the possible misspecification of the model; i = the totai estimated variance was
negative.

#3250 trials for each stochastic simulation,

“Errors afe in percentage points except for inventory investment, where the errors are i billions of 1972 dollars at an annual rate. Errors for all variables except the uncmpleyment
rate, the bill rate, and inventory investment are perceats of the forecast means.

#The exact variables tabled for cach model are the follewing. Sce Belton, Hymans, and Lown (1981) for the Michigan notation, and see Fair (1984) for the Fair aotation. The variables
for the autoregressive model are the same as those for the Michigan model.

Michigan Fair
Real GNP GNPT2 GNPR.
Private nonfarm deflator PPNF P
Nominal GNP GNP GNP
Unempioyment rate RUG UR
Bill rate RTB RS
Money supply MIBPLUS MI
Consumer expenditures, services €872 ]
Consumer cxpenditures, nondurables CN72 CN
Cunsumer expenditures, durables C72-CST2-CN72 b
Housing mvestment IRC72 IH
Nonresidential {ixed investment IBF72 K
Inventory investment HNV72 v
imports M72 M
Wage rate JCMH W

Profits YCp iy
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Table 6.6. Root Mean Squared Errors of Qutside-Sample Forecasts for 1975.2-1981.4 for the
Three Models™/

Number of Quarters Ahead

I 2 3 4 5 6 ki 8

Real GNP

Michigan (.80 1.11 1.37 .36 [.34 1.58 2.53 3.62

Fair (.83 1.24 1.66 2.02 2.38 .68 2.99 3.40

ARS 1.14 1.75 2.20 2.20 2.23 2.38 2.73 3.03
Private nonfarm deflator

Michigan 0.36 0.46 0.51 0.68 0.82 0.95 1.F1 1.30

Fair 0.69 .18 1.64 2.17 2.62 3.03 3.47 3.87

ARS8 0.72 126 1.92 2.93 3.80 4.57 5.09 5.24
Nominal GNP

Michigan 1.06 1.46 1.66 1.49 1.63 1.97 2.84 3.90

Fair .96 £.38 1.86 2.22 2.54 2.79 3.01 3.28

ARS 1.28 1.50 2.38 2.49 270 118 3182 429
Unemployment rate

Michigan 0.34 0.54 9.70 .17 0.77 0.66 0.78 1.24

Fair 0.41 .66 0.93 1.14 1.27 138 1.48 i.02

ARS 0.34 0.54 0.70 0.81 0.88 0.93 1.01 [.07
Bill rate

Michigan .78 1.04 1.15 [.29 1.42 .45 1.42 1.42

Fair 1.28 2.05 2.30 2.44 2.58 2.74 2.90 308

ARS8 1.57 2.38 2.5 3.09 3.42 3,65 3.87 4.04
Money supply

Michigan 1.60 2.20 2,78 3.64 4.37 5.15 6.10 6.95

Fair 1.43 1.86 2.09 2.45 2.63 2.85 3.10 3.02

ARS 2.22 3.66 4.61 5.83 6.76 8.23 10.25 11.85
Consumier expenditures, services

Michigan 0.46 0.72 0.90 F.11 1.33 .60 1.92 2.19

Fair 0.40 (.64 0.98 1.31 1.56 [.87 2.21 2.54

ARS8 .50 (.80 1.05 1.33 .63 £.92 2.29 2.58
Consumer expenditures, nondurables

Michigan 0.39 1.33 1.61 1.83 287 2.51 2.90 3.42

Fair 0.82 1.08 1.21 £.43 1.58 1.59 1.57 1.65

ARE 0.87 1.34 1.40 1.27 .46 1.64 1.86 2.0
Consumer expenditures, durables

Michigan 3.58 4,04 5.10 4.89 5.60 6.79 8.3¢ 9.69

Fair 3.32 4.14 5.67 7.04 8.52 9.67 10.97 12.47

ARS8 4.53 5.84 6.81 7.22 7.78 8.55 9.74  10.41
Housing investment

Michigan 5.65 %05 1030 I11.18 13.48 [6.61 20,41 23.62

Faiz 5.39 8.57 9.69 10.65 12.41 14.33 1576 17.12

ARR 6.88 I1.91 13.26 12.42 11.35 12.10 14,03 14.43
Nonresidential fixed investment

Michigan 2.66 4.58 6.08 6.39 5.63 7.28 1499 32.0

Fair 2.52 3.08 399 4.56 5.66 6.64 7.54 8.51

ARS 2.32 2.90 4.23 4.52 4.506 4.61 4.59 4.61
Inventory investment

Michigan 6.14 672 7.41 7.67 705 6.28 6.44 T.57

Fair 6.20 7.64 8.44 8.60 9.04 9.24 9.44 9.92

ARB 6.96 7.95 &.51 8.33 8.79 9.07 9.08 8.98
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Number of Quarters Ahead

1 2 3 4 5 6 7 8

Imparts

Michigan 383 5.05 5.75 6.33 6.86 7.58 899  10.63

Fair 3.89 6.062 815 9.96 176 13.27 15.46  17.238

ARS8 5.33 8.06 10.33 12.55 14.1¢ 15.26 16.43 18.42
Wage rate

Michigan 0.29 0.48 0.67 0.83 0.94 1.11 1.27 1.49

Fair 0.57 0.89 1.24 1.58 1.92 2.24 2.59 3.00

ARSE 0.44 0.78 1.10 1.44 1.88 2.27 2.71 3.21
Profits

Michigan 5.84 7.31 2.08 .04 8.59 9.36 16.24  27.80

Fair 7.21 8.7% 9.98 10.66 1080 12,73 13.96  14.57

ARR 9.5% 16,56 23.86 28.99 32.15 35.13 38.84 41.71

“The reselts are based on 27 sets of coefficient estimates for each model,
*Each prediction period began two quurters afler the end of the estimation period.

“The predicted values used were the mean vatues from the 27 stochastic simulations to get the oy values for each
model.

“Fhere are 27 observations for the one-quarter-ahead forecasts, 26 for the two-quarter-ahead forecasts, and so on.
“See note ¢ 10 Tabte 6.5 for the units of the errors.
'See note d to Table 6.5 for the notatien for the variables.

These results produced for the one-quarter-ahead forecast for each endogenous
variable 27 values of the difference between the estimated forecast-error variance
based on outside-sample errors (i.e., the squared forecast errors) and the estimated
forecast-error variance based on stochastic simulation. The average of these 27 values
was taken for each variable. In terms of the previous notation, this average is d,,, where
the i refers to variable /, and the 1 refers to the one-quarter-ahead forecast. The total
variance for the one-quarter-ahead forecast of variable i is &2, + d,,, which in terms
of the notation is &%,. For the results in Table 6.5, ¢ is 1978.1, and the d-row value for
1978.1 for each variable is the square root of 63,. The calculations for the two-quarter-
ahead forecasts are the same except that there are only 26 values of the difference
between the two estimated variances for each variable. Similarly, there are only 25
values for the three-quarter ahead forecast, and so on.

The d-row values in Table 6.5 take into account the four main sources of uncer-
tainty, and they are the values to be compared across models. This will be done in the
Discussion. Two sets of d-row values are presented in Table 6.5 for each variable. The
first is for the change assumption regarding the exogenous variables, and the second
is for the level assumption. The d,, values are the same for both sets of results, but the
c-row values (i.e., the values of &,,) are not.

QOutside-Sample Root Mean Squared Errors

For the misspecification calculations one has for each variable 27 one-quarter-ahead
outside-sample forecast errors, 26 two-quarter-ahead outside-sample forecast errors,
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and so on. From these individual errors, one can calculate root mean squared errors.
The results of doing this are presented in Table 6.6. The RMSEs in Table 6.6 and the
d-row values in Table 6.5 differ in two major respects. First, the d-row values take
into account exogenous variable uncertainty, which the RMSEs do not. The outside-
sample errors that are used for the RMSE results are all based on actual values of the
exogenous variables. Second, the d-row values are for a particular quarter—1978.1
for the one-quarter-ahead forecast, 1978.2 for the two-quarter-ahead forecast, and so
on. The RMSEs are averages across all the quarters—27 quarters for the onc-quarter-
ahead forecast, 26 quarters for the two-quarter forecast, and so on. The RMSEs do
not take account of the fact that forecast-error variances vary across time. If the vari-
ances did not vary across time and if there were no exogenous variable uncertainty,
the d-row values and the RMSEs would be the same except for stochastic-simulation
eITOT.

Although the d-row values are better than the RMSEs for comparison purposes,
the RMSE results in Table 6.6 provide a rough check on the results in Table 6.5, If 2
particular d-row value differs substantially from the corresponding RMSE, it is of
some interest to determine why this is.

Results for the Fair Model

The results for the Fair model in Table 6.5 are taken from the results in Fair (1984).
For the results in Fair (1984) the d-row values were based on 51 sets of estimates of
the model. For the present results only the relevant 27 sets of these estimates were
used. The values in the a- and b-rows in Table 6.5 for the Fair model are exactly those
in Table 8-2 in Fair (1984), although in the present case results for more variables are
tabled. The values in the c-rows in the right half of Table 6.5 differ slightly from the
c-row values in Table 8-2 of Fair (1984} because a different sequence of random draws
was used for the present results. The differences are thus due to stochastic-simulation
error. The values in the c-rows in the left half of Table 6.5 are new. The change
assumption with respect to the exogenous-variable errors was not used for the work in
Fair (1984). Remember that the 4, values that are used for the Fair model in Table 6.5
are different from those used in Table 8-2 of Fair (1984) because they are based on 27
rather than on 51 sets of estimates.

Results for the Autoregressive Model (ARB)

The Michigan data base was used for the autoregressive model. The estimation periods
are the same as those for the Michigan model.® The model consists of a set of eighth-
order autoregressive equations with a constant term and time trend. The equations are
completely separate from each other. The same steps were followed for the antore-
gressive model as were followed for the Michigan model except that 100 rather than
50 trials were used for each of the 27 sets of stochastic simulations. The results for
the autoregressive model are also presented in Tables 6.5 and 6.6. There are no c-row
values for this model because there are no exogenous variables except for the time
trend.
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A Digression about Stochastic-Simulation Error

Some evidence about the size of stochastic-simulation error is available from the
present results. First, there are two sets of c-row values in Table 6.5, and the one-
quarter-ahead values for each set should be the same for each variable aside from
stochastic-simulation error. (The change versus level difference does not affect the
one-quarter-ahead results.) Different random draws were used for the two sets. As can
be seen in Table 6.5, the simulation errors are fairly smsafl. Some of the larger errors
for Michigan are 1.43 vs 1.19 for durable expenditures, 2.40 vs 2.29 for housing
investment, and 4.26 vs 3.90 for profits. Some of the larger errors for Fair are 2.10
vs 2.36 for durable expenditures, 1.75 vs 1.95 for nonresidential fixed investment,
1.96 vs 2.11 for imports, and 6.86 vs 6.34 for profits,

Second, the values in the c-rows in the right half of Table 6.5 for the Fair model
should be the same as the c-row values in Table 8-2 in Fair (1984) aside from simu-
lation error. Both sets of results are based on 250 trials, but the random-variable draws
were different. The comparisons for the eight-quarter-ahead results are 1.60 vs 1.66
for real GNP, 1.13 vs 1.15 for the GNP deflator, 0.82 vs (.91 for the unemployment
rate, 1.40 vs 1,37 for the bill rate, 2.28 vs 2.44 for the money supply, 1.94 vs 1.97
for the wage rate, and 15.00 vs 13.93 for profits.

Although simulation error is certainly not close to zero for the present results, it
seems small enough so as not to affect the basic conclusions that are drawn from the
results.

A Digression about Computer Work

The Fair—Parke program (1984} was used for all the computations in this chapter. Once
a model is set up in the program, all the estimation and stochastic simulation that are
needed for the results in Table 6.5 can be done with a few commands. The program
provides an easy way to debug the setting up of the model, and once this debugging
has been done, few other errors are likely to arise.

The computer work was done on an IBM 4341 at Yale. The computer time needed
for the estimation of the Michigan model was trivial because the estimation technigue
is simply ordinary least squares. With respect to solution times, the time needed to
solve the model for one quarter was about 0.9 second, although this ttme could be
considerably lowered. The Fair—Parke program has an option for efficient coding of
the subroutines that are needed to set up the model in the program. This option was
not used for the Michigan model. It was used for the Fair model, and the solution time
for the Fair model was about 0.2 second per quarter. It is likely that the Michigan time
could be lowered to about this value with efficient coding. The total time for an eight-

-quarter stochastic simulation using 250 trials at 0.9 second per quarter is 250 x § %
(.9 = 1800 seconds, or about 30 minutes. Each of the a-, b-, and ¢-row calculations
for Table 6.5 thus took about 30 minutes for the Michigan maodel, since there is little
to the calculations other than solving the model over and over. With efficient coding
this time could be reduced to about 7 minutes, which is about the time taken for the
Fair model calculations.
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DISCUSSEON OF THE RESULTS

Sensitivity to Exogenous-Variable Assumptions

The Michigan results in Table 6.5 are in generat much more sensitive to the two as-
sumptions about exogenous-variable uncertainty than are the Fair results. The Michi-
gan c-row values for the change assumption, which are in the left half of the table, are
in many cases much larger than the corresponding values for the level assumption,
which are in the right half of the table. This is unfortunate from the point of view of
the method because it makes comparisons more difficult. As previously discussed,
the change assumption may be a better approximation, and we have concentrated on
the change-assumption results in the following discussion. This is the worst case for
the Michigan model. Michigan does best for the RMSE results in Table 6.6, which are
based on the assumption of no exogenous variable uncertainty. The results in Table
6.5 for the level assumption are in between the RMSE results in Table 6.6 and the
results in Table 6.5 for the change assumption.

1t should be noted that the sensitivity of the Michigan results to the exogenous-
variable assumptions is not due to the fact that the model is heavily tied to dummy
variables. All but four of the dummy variables have been taken to be fixed for the
calculations. The sensitivity instead indicates that the Michigan model is more heavily
tied to nondummy exogenous variables than is the Fair model. This is probably be-
cause variables such as the discount rate and the minimum wage rate have been taken
o be exogenous.

Michigan versus Fair

The top half of Table 6.7 contains for cach variable and quarter the ratio of the Mich-
igan d-row value in Table 6.5 1o the corresponding Fair d-row value. {In what follows
M denotes the Michigan model and F denotes the Fair model.) The following is a
discussion of the results in Table 6.7,

1. In general, the shorter the lead time of the forecast, the better M is relative to
F. For real GNP, for example. M is better than F for the first five quarters and
worse than F for the remaining three.

2. The best variable for M is the private nonfarm deflator, where M is about three
times more accurate than F. M is also more accurate than F for the wage rate,
although not by as much as for the price deflator.

3. M is considerably better than F for the bill rate except for the cight-quarter-
ahead forecast, where F is slightly better. F is considerably better than M for
the money supply {the money supply variable is M ).

4. With respect to the components of GNP, F is better than M for the three con-
sumption variables, housing investment, and nonresidential fixed investment.
M is better than F for inventory investment and imports. F is thus in general
better than M with respect to the components of GNP. There is, however, more
error cancellation for M than for F with respect to the predictions of real GNP,
As noted above, M is actually better than F for the first five quarters for real
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GNP. For nominal GNP F is better than M for all but the four-quarter-ahead
forecast.

5. For the unemployment rate M is better than F for the first six quarters and worse
for the remaining two. The same is true for profits.

Michigan and Fair versus Autoregressive

The bottom half of Table 6.7 presents the M versus autoregressive and F versus au-
toregressive ratios. (In what follows ARS8 denotes the autoregressive model.) The d-
row values in Table 6.5 for ARS8 are not sensible for the unemployment rate and non-
residential fixed investment. It sometimes turns out in the successive recstimation and
stochastic simulation of the model that the stochastic simulation estimates of the vari-
ances are on average much larger than the estimates based on outside-sample errors.
This results in large negative values of d,, and these values when added to the square
of the c-row values (or b-row values in the case of AR8) can yield negative values of
the total variance, which is not sensible. What this means is that the sample is not
large enough to produce sensible results. This problem occurred for the unemployment
rate and nonresidential fixed investment for ARS8, and so these two variables have
been omitted from the bottom half of Tahle 6.7,

The results in Table 6.7 in general show that M and F are better than ARS. The
main exceptions are as follows. M is worse than ARS8 for real GNP for the last four
quarters, for nominal GNP for the last three quarters, for nondurable consumption for
all quarters, and for durable consumption and housing investment for the last four
quarters. F is worse than ARS8 for real GNP for the last five quarters, for durable
consumption for the last four quarters, and for inventory investment for all but the first
quarter.

General Remarks

If the current results are taken at face value, they are obviously mixed. M and F are
generally better than AR, but there is ne obvigus winner between M and F. M is
much better than F for the price deflator and the wage rate. M is also much better than
F for the bill rate except for the last quarter. F is much better than M for nondurable
consumption, housing investment, nonresidential fixed investment, and the money
supply. For the other variables the results are closer.

When all is said and done, however, one may not want to take the current results
at face value. There are at least three reasons for this. First, the results are sensitive to
the assumptions about exogenous-variable uncertainty. M is more sensitive than F to
the exogenous-variable assumptions. If the change assumption has overestimated ex-

-ogenous-variable uncertainty, then the results are biased in favor of F. 1If, on the other

hand, the change assumption has underestimated uncertainty, which may be true for
variables like DFPR (sce the discussion under Some Features of the Models), then the
results are biased in favor of M.

Second, the heavy use of dummy variables in the Michigan model may have biased
the results in favor of M. As previously noted, there are a number of dummy variables
in the Michigan price equation, and at least part of the good showing by M for the



6l

Table 6.7. Ratios of d-Row Values from Table 6.5

Michigan/Fair
1978 1979
1 2 3 4 1 2 3 4
Real GNP 0.91 0.96 0.94 0.75 0.93 1.06 1.39 t.48
Private nonfarm deflator 0.53 0.40 0.34 0.35 0.33 .34 (.34 0.36
Nominal GNP 1.03 1.12 1.02 0.93 1.03 1.23 1.64 1.81
Unemployment rate .87 0.90 0.87 0.85 .85 (.86 103 1.28
Bill rate 0.57 0.49 0.50 0.60 0.63 .58 0.63 1.03
Money suppiy 1.07 13 1.42 1.85 2.05 2.62 3.01 5.22
Consumer expenditures, services £.34 .36 1.08 1.02 (.91 1.08 1.1 1.13
Consumer expenditures, nondurables £.20 1.48 .86 1.99 2.42 3.00 3.70 4.22
Consumer expenditures, durables 1.16 1.15 1.14 0.97 0.99 1.1 1.19 1.23
Housing investment 1.15 1.22 1.41 1.52 1.18 1.10 1.54 1.52
Nonresidential fixed investment 0.97 1.39 1.43 1.32 0.94 1.05 1.92 3.65
Inveatory investment 0.96 0.87 0.85 .87 0.81 0.89 (.85 0.92
Imports 0.95 0.86 .75 0.70 0.69 0.73 0.77 0.89
Wage rate 0.74 .91 {LRY 0.91 0.74 0.74 .66 0.66

Profits 0.71 0.67 0.75 0.68 72 0.83 £.07 1.64




Michigan/Autoregressive

Fair/Autoregressive

1978 1979 1978 1979
! 2 3 4 1 2 3 4 | 2 3 4 i 2 3 4
Real GNP 0.73 0.72 0.74 0.89 1.14 1.39 1.58 1.83 0.80 075 079 1.19 £.23 130 1.21 L.24
Private nonfarm deflator 0.51 0.39 0.3) 0.28 0.25 0.26 0.27 033 0.97 097 050 079 0.76 075 0.8} 0.94
Nominal GNP 0.86 0.83 0.78 0.79 0.93 L.03 1.24 1.24 0.84 074 0.77 045 0.81 0.84 0.76 0.68
Bill rate 0.51 042 0.44 045 0.50 0.46 0.50 0.83 0.90 0.85 0.88 0.82 0.79 0.9 0.79 080
Maoncy supply 0.76 0.61 0.66 0.72 0.77 077 0.74 0.78 0.71 (.54 0.46 0.39 0.383 030 0.25 0.15
Consumer expenditures, services 0.92 094 092 097 0.98 099 1.0 1.04 0.69 0.69 0.86 095 106 092 092 092
Consumer expenditures, nondurables 111 LE7 1,53 2.53 2.95 318 3.46 388 06.93 079 0.82 1.27 (.22 106 994 9,92
Consumer expenditures, durables 0.83 076 0.89 0.96 1.18 .31 141 1.51 072 066 078 099 £J9 EI8 PR 123
Housing investment 0.84 077 0.79 0.95 1.32 1.56 1.38 1.76 0.74 0.63 0.5¢ 0.62 .93 109 O3 E.16
Inventory investment 0.92 092 098 1.08 1.01 0.95 (.04 112 096 106 1.15 1.25 124 19 1.22 121
Imports 0.73 0.65 0.58 0.54 0.54 0.59 068 0.76 077 070 078 077 .79 0.81 0.88 (.86
Wage rate 0.65 0.56 0.56 0.53 0.44 043 042 043 0.88 0.6F 0.63 0.58 .39 0.38 0.63 0.64
Profits 0.62 040 036 0.29 0.31 0.37 058 072 0.88 0.60 0.48 0.43 0.43 045 0.47 0.44
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price deflator may be due to this. The same problem may also exist for the unemploy-
ment rate, whose equation is heavily tied to the use of 4 dummy variable.

Third, the misspecification estimates are based on only 27 observations, which is
a fairly small sample. More observations are clearly needed before any strong conclu-
sions can be drawn.

NOTES

1. This problem pertains, of course, only to the dummy variables that change values over the
simulation periods. The first simulation period in the work below began in 1975.2. Some of
the dummy variables in Table 6.2 pertain only to the period before this.

2. Note that if our argument here is correct, many of the policy implications of the Michigan
model are suspect. If the discount rate is treated as exogenous for purposes of policy exper-
iments, the interest rate responsiveness to the policy change is likely to be underestimated.

3. We are indebted to Edwin Kuh and Steve Schwartz for providing us with a tape of the data.
We are also indebted to Joan Crary for answering a number of guestions about the model.
These individuals are not accountable for the results in this chapter. We assume responsibility
for all errors.

4. The 345 coefficients include serial correlation coefficients. These coefficients were reated
as structural coefficients, and so the covariance matrix of the coefficient estimaies includes
them.

5. It sometimes happens that a particular draw {ails to result in a solution of the model. In this
case the trial is discarded. There were no failures for the a-row simulation, There was one
failure for the b-row simulation, and so the number of trials for this simulation was 249
rather than 250.

6. As indicated in note ¢ to Table 6.5, most of the errors are in units of percentage of the
forecast mean. See the discussion in Chapter 8 in Fair (1984) for the exact way in which the
percentage errors are computed.

7. There were no failures of the model to solve for the c-row calculations.

. Of the 27 X 50 = 1350 trials, 5 failed to result in a solution of the mode].

9. Five of the variables for which autoregressive equations were estimated are determined by
identities in the Michigan model—real GNP, the GNP deflator, nominal GNP, consumer
durable expenditures, and nonresidential fixed investrnent. The estimation period used for
these variables is 1956.1-1979.4.

o
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Table A6.1. Exogenous Variables of the Michigan Model for Which Autoregressive
Equations Were Estimated®

Estimation Estimation
Variable Period Variable Period
AUTOSIZE 1956.1-1979.4 PFP 1956.1-1979.4
BTRP 1936.1-1979.4 PGAS 1959,1-1979.4
DFPR 1967.1-1979.4 PIENY 1956.1-1979.4
DTEX 1956, 1-1979 .4 PM 1956.1-1%79.4
DTIB 1956.1-197%.4 PX 1956.1-1979.4
DTP 1956.1-1979.4 RDIS 1956.1-1979.4
DTPR 1956.2-1979.4 RRDEM 1956.1-1979.4
EGOV 1956.1-1979.4 SDR 1972.1-1979.4
GAID 1956.1-1979.4 SLCSF 1956.1-1979.4
GFD 1956.1-197%.4 TCFR 1936.1-1979.4
GFO 1956.1-1979.4 <O 1956.1-1979.4
GOLD 1956.1-1979.4 TDEPRAG 1956.1-1979.4
GSL 1956.1-1979.4 TDEPRNC 1956.1-1976.4
GTRF 1956.1-1979.4 TOEPRO 1956.1-1979 .4
GTROF 1956.1-1979.4 TDEPRQ 1956.1-1979.4
GTRSL. 1956.1-1979.4 TITCR 1936.1-1979.4
VA 1956.1-1979.4 TSIFR 1956.1-1979.4
JGPM 1956.1-1979.4 TSESL 1956.1-1979.4
JICS 1956.1-1979.4 WCEIL 1956.1-1%79.4
RCAC 1956.1-1979.4 WUSMIN 1956.1-1479.4
KCCA 1956.1-197%.4 X7z 1956.1-1979.4
MBASE 1956.1-1979.4 YGWS [956.1-1979.4
PAUTO 1956.1-197%.4 YPINT [956.1-1979.4
PCRUDE 1956.1-1979.4 YPRENT 1956.1-1979.4

“See Beltor, Hymans, and Lown (198 1) for a description of the variables. See Fuir (1984 p. 285} for a discussion of

the exogenous variables of the Fair model for which avtoregressive equations were estimated.



